Let K be a compact subset of R, µ be a σ −finite positive measure, and s an integrable function on K. One-sided L 1 -norm is defined as ∥s∥ = max{
Introduction

Given a function s(x), let p(x) be another function that approximates s(x). Many norms may be used to measure the size of the error function e(x) = s(x) − p(x).
One of them is the L 1 -norm, which equals the sum of the area above the x-axis and area below the x-axis bounded by e(x). The one-sided L 1 -norm is an other norm. The norm equals the larger one of the above two areas. Some results of this paper were obtained earlier in [14] by C. Tang, but there the results were bases on best approximation. We develop most of these works to the best simultaneous approximation case. We suppose that K be a compact subset of R and µ be a σ −finite positive measure. It can be easily generalized to the where K is a compact subset of a metric space. C. Yang [14] [ theorem 1.2 ] showed that the one-sided L 1 -norm defined as above is indeed a norm. From the definition, the following property is easy to see.
Definition 1.1. Let s be an integrable function on K. The one-sided L 1 -norm is defined as follows:
Where ∥s∥ L 1 denotes the L 1 -norm of s. We note that if H be the space of all integrable functions with respect to µ on K and endowed with L 1 -norm or one-sided L 1 -norm then H is clearly a lattice Banach space. In fact, every non-empty upper bounded set admits a supremum. Therefore if S be a bounded subset of H then supS exist and supS ∈ H(see [7] The theory of best simultaneous approximation is a generalization of best approximation theory and has been studied by many authors, e.g., [2, 3, 4, 10, 8, 13] and the following definition can be found in these papers. [5, 11] and the results on best simultaneous approximation in lattice Banach spaces and downward sets can be found in [1, 6] .
Main Results
In the following discussion, dµ will be omitted in all formulas. We first recall, for the sake of completeness, the following characterization of best simultaneous approximation.
Theorem 2.1. [7] Let W be a closed and convex subset of lattice Banach space X, S be a bounded set in X with S ∩W = ϕ and g 0 ∈ W. Then the following assertions are equivalent:
There exists f
Where X * is the dual space of X.
Let us set, for 
In the sequel ∥.∥ is denote one-sided L 1 -norm and S W (S) is denote the set of best simultaneous approximation in one-sided L 1 -norm. H be the lattice Banach space of all integrable functions with respect to µ on K. Then for each ε > 0 and each
2.
Thus for small ε > 0,
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This shows that w 0 + εw ∈ S W (S) which is a contradiction. Now, suppose that the state does not hold and
Similar argue leads to contradiction for both of them.
:
Suppose that the state is not hold. Then
We note that one of the following must be true.
which is a contradiction. If
then, by (e2) and (e4),
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We now establish a characterization theorem to the one in best approximation in one sided L 1 -norm. Then for ε > 0,
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On the other hand for small ε > 0, and by (e5) ,
But, from (e5) we have,
Therefore , by (e6), we have sup
and when the ε tends to zero, is a contradiction. In the case of 
Similarly, we can draw the same conclusion if
min{w 0 − w, 0} and
Thus, w 0 is a best simultaneous approximation. That is w 0 is a best simultaneous approximation to S from W in the one-sided L 1 -norm.
Conclusion
When we have an ordered vector space (or lattice space), the results in best approximation may be generalized to the best simultaneous approximation with a little change. Many of these outcomes in two cases have no differences (see [14] ). Theorems about the uniqueness of the best approximation in the one-sided L 1 -norm and best simultaneous approximation do not need to change. Therefore uniqueness in A-space, spline space, weakly chebysheve spaces can be rewritten for best simultaneous approximation with a small change (see [12] ).Finally, the additional condition that W contains a positive almost everywhere function cannot be dropped in the theorems , to see counterclockwise example see [14] ).
